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(57) ABSTRACT

The present invention generally relates to an apparatus and
method for obtaining absolute values of concentrations of
chromophores of a medium and/or absolute values of their
ratios. More particularly, the present invention relates to
non-invasive optical systems and methods for determining
absolute values of oxygenated and/or deoxygenated hemo-
globins and their ratios in a physiological medium. The
optical system typically includes (1) a body, (2) a source
module supported by the body, optically coupling with the
medium, and irradiating into the medium multiple sets of
electromagnetic waves with different wave characteristics,
(3) a detector module supported by the body, optically
coupling with the medium, and detecting such electromag-
netic waves, and (4) a processing module operatively cou-
pling with the detector module, and determining the absolute
values of the concentrations and the ratios thereof from
multiple wave equations applied to the source and detector
modules. The processing module is designed to obtain such
absolute values by a method typically including the steps of
(1) obtaining multiple sets of wave equations, (2) eliminat-
ing source-dependent and detector-dependent parameters
therefrom to obtain a set of intermediate equations, (3)
providing a correlation of medium-dependent and geometry-
dependent parameters with the chromophore concentrations
or ratios thereof, (4) incorporating the correlation into the set
of intermediate equations, and (5) obtaining the absolute
values of the chromophore concentrations and ratios thereof.
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SYSTEM AND METHOD FOR ABSOLUTE
OXYGEN SATURATION

FIELD OF THE INVENTION

The present invention generally relates to an apparatus
and methods for determining absolute values of various
properties of a physiological medium. In particular, the
present invention relates to non-invasive optical systems and
methods for determining absolute values of concentrations
of oxygenated and deoxygenated hemoglobins (and/or their
ratios) in the physiological medium. The present invention
also relates to apparatus and methods for obtaining such
absolute values by solving a generalized photon diffusion
equation as well as its variations such as a modified Beer-
Lambert equation.

BACKGROUND OF THE INVENTION

Near-infrared spectroscopy has been used for non-
invasive measurement of various physiological properties in
animal and human subjects. The basic principle underlying
the near-infrared spectroscopy is that physiological tissues
include various highly-scattering chromophores to the near-
infrared waves with relatively low absorption. Many sub-
stances in a medium may interact or interfere with the
near-infrared light waves propagating therethrough. Human
tissues, €.g., include numerous chromophores such as oxy-
genated hemoglobin, deoxygenated hemoglobin, water,
lipid, and cytochrome, where the hemoglobins are the domi-
nant chromophores in the spectrum range of 700 nm to 900
nm. Accordingly, the near-infrared spectroscope has been
applied to measure oxygen levels in the physiological
medium such as tissue hemoglobin oxygen saturation and
total hemoglobin concentrations.

Various techniques have been developed for the near-
infrared spectroscopy, e.g., time-resolved spectroscopy
(TRS), phase modulation spectroscopy (PMS), and continu-
ous wave spectroscopy (CWS). In a homogeneous and
semi-infinite model, both of TRS and PMS have been used
to obtain spectra of an absorption coefficient and reduced
scattering coefficient of the physiological medium by solv-
ing a photon diffusion equation, and to calculate concentra-
tions of oxygenated and deoxygenated hemoglobins as well
as tissue oxygen saturation. CWS has generally been
designed to solve a modified Beer-Lambert equation and to
measure changes in the concentrations of oxygenated and
deoxygenated hemoglobins.

Despite their capability of providing the hemoglobin
concentrations as well as the oxygen saturation, one major
drawback of TRS and PMS is that the equipment is bulky
and expensive. CWS may be manufactured at a lower cost
but limited in its utility because it cannot compute the
oxygen saturation from the changes in the concentrations of
oxygenated and deoxygenated hemoglobins. Accordingly,
there is a need for novel CWS systems and methods thereof
for measuring absolute value of concentrations of the hemo-
globins as well as the oXygen saturation in the physiological
medium.

SUMMARY OF THE INVENTION

The present invention generally relates to an apparatus
and method for obtaining absolute values of concentrations
of chromophores of a medium and/or absolute values of
their ratios. More particularly, the present invention relates
to non-invasive optical systems and methods for determin-
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2
ing absolute values of oxygenated and/or deoxygenated
hemoglobins in a physiological medium.
In general, wave propagation or photon migration in a
medium is described by a generalized diffusion equation:
(5]

I = Q'IB'V' I _e{—B-Ld-E;(s‘- Ciyro}

where “I” is a variable representing an intensity of elec-
tromagnetic waves irradiated by a wave source and “I” is a
variable for an intensity of electromagnetic waves detected
by a wave detector. Parameter “a” is generally associated
with the wave source and/or medium and accounts for, e.g.,
characteristics of the wave source such as power and con-
figuration thereof, mode of optical coupling between the
wave source and medium, and/or coupling loss therebe-
tween. Parameter “f§” is generally associated with the wave
detector and/or medium and accounts for, e.g., characteris-
tics of the wave detector, optical coupling mode between the
wave detector and medium, and the associated coupling loss.
Parameters “o” and “f” may also depend upon, to some
extent, other system characteristics and optical properties of
the medium, including those of chromophores included
therein. Parameter “y” may be either a proportionality con-
stant (including, e.g., 1.0) or a system parameter which may
change its value according to the characteristics of the wave
source, wave detector, and/or medium. Parameter “B” gen-
erally accounts for lengths of optical paths of photons or
electromagnetic waves through the medium, and is predomi-
nantly determined by the optical properties of the medium.
However, an exact value of parameter “B” may also depend
on the characteristics of the wave source and/or wave
detector as well. A typical example of such parameter “B” is
conventionally known as a path length factor. It is appreci-
ated that the parameter “B” may also take the value of 1.0
where the generalized diffusion equation (1) is reduced to
the Beer-Lambert equation. To the contrary, parameter “L.”
is generally geometry-dependent and accounts for a linear
distance between the wave source and wave detector. Param-
eter “d” may be either a proportionality constant (including,
e.g., 1.0) or a system parameter which may be associated
with the wave source, wave detector, and/or medium.
Parameter “e,” accounts for an optical interaction or inter-
ference of photons or electromagnetic waves with an i-th
chromophore included in the medium. It is appreciated that,
depending upon the definition and value of the parameter
“d”, the parameter “e;” may represent an extinction
coefficient, an absorption coefficient, and/or a (reduced)
scattering coefficient of the medium or the chromophores
included therein. Variable “C;” represents concentration of
the i-th chromophore included the medium, and parameter
“0” is either a proportionality constant (including, e.g., 0.0)
or a parameter which may be associated with the wave
source, wave detector, and/or medium. Despite the numer-
ous parameters of the generalized diffusion equation (1) and
various modified versions thereof which will be described in
greater detail below, the optical systems and methods of the
present invention enable direct determination of absolute
values of the chromophore concentrations and/or ratios
thereof.

In one aspect of the present invention, a method is
provided to solve a set of wave equations applied to an
optical system having at least one wave source and at least
one wave detector. Photons or electromagnetic waves are
irradiated by the wave source, transmitted through the
physiological medium including at least one chromophore,
and detected by the wave detector. The wave equation, e.g.,
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the generalized diffusion equation (1), expresses the inten-
sity of electromagnetic waves detected by the wave detector
(ie., “I”) as a function of system variables (e.g., “I,” and
“C;”) and system parameters (e.g., “a,” “B,” “y,” “B,” “L,”
“9,” “e;,” and “0”). The method generally includes the steps
of obtaining multiple sets of equations by applying the wave
equation to the optical system capable of irradiating multiple
sets of electromagnetic waves having different wave
characteristics, eliminating the source-dependent parameters
(e.g., “a”) and detector-dependent parameter (e.g., “f”)
therefrom to obtain a set of intermediate equations, provid-
ing at least one correlation of the medium-dependent and
geometry-dependent parameters (e.g., “B” and “L,”
respectively) with the chromophore concentrations (and/or
their ratios), incorporating the correlation into the set of
intermediate equations, and obtaining absolute values of the
concentrations of the chromophores (and/or ratios thereof)
based on the intensities of electromagnetic waves (e.g., “I”
and “I,”) and the medium- or chromophore-dependent
parameters (e.g., “¢,”

This embodiment of the present invention offers several
benefits over the prior art. Contrary to the prior art CWS
technology capable of measuring only the changes in the
chromophore concentrations, the foregoing method of the
present invention provides a direct means for assessing the
“absolute values” of the chromophore concentrations as well
as their ratios in various physiological media, e.g., tissues or
cells in internal organs, muscles, and/or body fluids. The
foregoing method of the present invention also allows
physicians to make direct diagnosis of an “absolute prop-
erty” of the physiological medium (i.e., compared with
differential or relative values of the physiological properties
obtainable by the prior art CWS technology). Furthermore,
as will be described in detail below, the foregoing method of
the present invention can be readily incorporated into con-
ventional optical probes including any number of wave
sources and detectors arranged in any arbitrary configura-
tions. Therefore, the foregoing method allows construction
of optical systems customized to specific clinical applica-
tions without compromising their performance characteris-
tics.

Embodiments of this aspect of the present invention may
include one or more of the following features.

The generalized diffusion equation (1) may be applied to
an optical system with at least one wave source and at least
one wave detector:

(=B Lonn 6 2 (i G 1o}

2

- =Ckm'18}'1')/'10,m"3

where the subscripts “m” and “n” represent an m-th wave
source and an n-th wave detector, respectively.

The method may include the steps of applying equation
(2) to the optical system to obtain a first and a second sct of
equations, eliminating at least one of o, f3,,, v, 9, and o from
the first and second set of equations by performing math-
ematical operations thereon to obtain a third set of equations,
providing at least one correlation which correlates the con-
centrations of the chromophores (or ratios thereof) with one
or more terms of the third set of equations including B,,,,,
and/or L,,,,,, incorporating the above correlation into the third
set of equations to replace such terms thereby, and obtaining
an expression for absolute values of the concentrations of
the chromophores (and/or ratios thereof) based on known or
measured values of I,,.,, I, and ¢;.

The foregoing method may also include the steps of
applying the optical system to the physiological medium
including cells of organs, tissues, and body fluids, and

10

15

20

25

30

35

40

45

50

55

60

65

4

measuring the absolute values of the chromophore concen-
trations (and/or their ratios) based on known or measured
values of I,,., 1, ., and €,. The measuring step may include
an additional step of monitoring concentrations of oxy- or
deoxy-hemoglobin, and/or a ratio thereof such as, e.g.,
(tissue) oxygen saturation.

The foregoing method may also include the step of
determining presence of tumor cells in a finite area of the
medium or determining a presence of an ischemic condition
as well. In the alternative, the foregoing method may also
include the steps of applying the optical system to the
physiological medium including transplanted cells of organs
and/or tissues and measuring absolute values of the chro-
mophore concentrations (or their ratios) based on known or
measured values of I, I,,,, and ¢, For example, the
method may be applied to determine presence of an
ischemic condition in the transplanted organs and tissues
during or after surgical procedures.

The applying step of the foregoing method may include
the step of irradiating the first and second set of electro-
magnetic waves having different wavelengths, phase angles,
amplitudes, harmonics, and/or a combination thereof. For
example, in the irradiating step, the first set of electromag-
netic waves may have a first wavelength while the second set
of electromagnetic waves may have a second wavelength
which is different from the first wavelength.

The eliminating step of the foregoing method may include
the step of deriving at least one first ratio of two wave
equations both of which are selected from one of the first and
second sets of the equations. The wave equations may be
applied to the same wave source but to different wave
detectors, thereby eliminating o, ¥, and o from the first
ratio. Alternatively, the wave equations may be applied to
two different wave sources but to the same wave detector,
thereby eliminating f3,, v, and o from the first ratio. The
eliminating step may also include the step of deriving at least
one second ratio of two wave equations both of which are
selected from the other of the first and second sets of the
equations. A sum of or a difference between the first and
second ratios may also be obtained so as to eliminate at least
one of o, and f3,,. In the alternative, the eliminating step may
include the step of approximating both parameters “y” and
“d” as a unity.

The providing step of the foregoing method may include
the step of providing a formula of the medium-dependent
and geometry-dependent parameters as a polynomial, sinu-
soid or other functions of the chromophore concentrations
(and/or ratios thereof). Such a formula may also include a
zero-th order term. Alternatively, the medium-dependent
and geometry-dependent parameters may be approximated
as a constant.

In another aspect of the invention, an optical system is
provided to determine the absolute values of the concentra-
tions of chromophores in the physiological medium and/or
ratios thereof. The optical system may include a body, a
source module, a detector module, and a processing module.
The source module is supported by the body and is arranged
to optically couple with the medium so as to irradiate into
the medium two or more sets of electromagnetic waves
having different wave characteristics. The detector module is
also supported by the body, and is arranged to optically
couple with the medium and to detect electromagnetic
waves transmitted through the medium. The processing
module is also arranged to operatively couple with the
detector module and configured to solve a set of wave
equations such as equation (1) so that the absolute values of
the concentrations of the chromophores (and/or their ratios)
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can be directly determined. The processing module may be
designed to operate at a TRS, PMS or CWS mode.

This embodiment of the present invention offers several
benefits over the prior art near-infrared spectroscopy tech-
nologies such as TRS, PMS, and CWS. Compared with
conventional TRS and PMS technologies, TRS and/or PMS
optical systems of the present invention can be provided
with better accuracy at a lower cost. Furthermore, the optical
systems of the present invention operating at a CWS mode
can measure the absolute values of the chromophore con-
centrations as well as their ratios, e.g., (tissue) oxygen
saturation. Accordingly, various optical systems of the
present invention can be manufactured as a low-cost and
high-resolution hand-held device, bed-side monitoring
device, and/or a portable device wearable by patients.

Embodiments of this aspect of the present invention may
include one or more of the following features.

The wave source may be arranged to irradiate electro-
magnetic waves having different wavelengths, phase angles,
amplitudes, harmonics or their combination. For example,
the first set of the electromagnetic waves may have a first
wavelength and a second set of said electromagnetic waves
may have a second wavelength which is different from the
first wavelength. Alternatively, the first set of electromag-
netic waves may be carried by a first carrier wave and the
second set of electromagnetic waves may be carried by a
second carrier wave which has wave characteristics different
from those of the first carrier wave, e.g., different
wavelengths, phase angles, amplitudes, harmonics, and their
combination.

The processing module may include an algorithm for
determining the absolute values of the chromophore con-
centrations (or their ratios) based on various variables and/or
parameters, e.g., the intensity of electromagnetic waves
irradiated by the source module, intensity of electromagnetic
waves detected by the detector module, and one or more
system parameters accounting for interaction or interference
of photons or electromagnetic waves with the medium.

The wave equations may include at least one term which
is substantially dependent on the optical properties of the
medium (i.e., medium-dependent) and/or configuration of
the source and detector modules (i.e., geometry-dependent).
Examples of such term may include, but not limited to “B”
and “L” of equation (1) or “B,,,,,” and “L,,,,,;” of equation (2).
The algorithm of the processing module may include at least
one correlation expressing a first function of the term as a
second function of the chromophore concentrations (and/or
ratios thereof). The second function may be any analytic
function, e.g., a polynomial of the concentrations and/or
ratios thereof. Alternatively, the algorithm may also be
arranged to approximate the second function as a constant.

The source module may include at least one wave source
and the detector module at least two wave detectors.
Alternatively, the source module may include at least two
wave sources while the detector module may include at least
one wave detector. It is preferred, however, that both of the
source and detector modules include, respectively, at least
two wave sources and at least two wave detectors.

In one aspect of medical application of the present
invention, the foregoing optical systems and methods there-
for may be used to measure the absolute values of concen-
trations of oxygenated and deoxygenated hemoglobin and/or
their ratio. Such optical systems will be beneficial in non-
invasively diagnosing ischemic conditions and/or locating
ischemia in various organs and tissues. For example, the
optical system may be used to prognose or diagnose stroke,
cardiac ischemia or other physiological abnormalities origi-
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nating from or characterized by abnormally low concentra-
tion of oxy-hemoglobin. Accordingly, presence of cancerous
tumors may be easily detected. The optical systems of the
present invention may further be applied to cells disposed in
epidermis, corium, and organs such as a lung, liver, and
kidney.

In another aspect of medical application of the present
invention, the foregoing optical systems and methods there-
for may be applied to measure absolute values of the
concentrations of oxy- as well as deoxy-hemoglobins to
diagnose vascular occlusion during or after various surgical
procedures including organ transplantation. In general,
prognosis of organ transplantation depends on adequate
supply of oxygenated blood to transplanted organs during
and post surgical procedure. The optical system of the
present invention may be used to detect vascular occlusion
in transplanted heart, lung, liver, and kidney in its earliest
stage.

In yet another aspect of medical application of the present
invention, the foregoing optical systems and methods there-
for may be applied to assess various absolute properties of
the physiological medium. Examples of such conditions
may include, but not limited to, concentrations (or their
ratios) of lipids, cytochromes, water, and/or other chro-
mophores in the medium.

The foregoing apparatus and methods of the invention
may be employed for various applications, e.g., non-
invasively disposed on the medium or, alternatively, to be
invasively disposed on an internal medium. As used herein,
the “chromophores” may mean any substances in a medium
which exhibit at least minimum interaction with photons
and/or electromagnetic waves transmitting or propagating
therethrough. Examples of such chromophores may include,
but not limited to, hemoglobins (e.g., deoxygenated or
deoxy-hemoglobin (Hb) and oxygenated or oxy-hemoglobin
(HbO)), cytochromes, lipids, water, enzymes, hormones,
transmitters, proteins, cholesterols, apoproteins,
carbohydrates, cytosomes, blood cells, cytosols, and other
optically interacting materials present in the animal or
human cells.

The terms “electromagnetic waves” include acoustic or
sound waves, near-infrared rays, infrared rays, visible lights,
ultraviolet rays, lasers, and/or rays of photons. Unless oth-
erwise defined, all technical and scientific terms used herein
have the same meaning as commonly understood and/or
used by one of ordinary skill in the art to which this
invention belongs. Although methods and materials similar
or equivalent to those described herein can be applied and/or
used in the practice of or testing the present invention,
suitable methods and materials are described below. All
publications, patent applications, patents, and other refer-
ences mentioned herein are incorporated by reference in
their entirety. In case of conflict, the present application,
including definitions, will control. In addition, the materials,
methods, and examples are illustrative only and not intended
to be limiting.

Other features and advantages of the invention will be
apparent from the following detailed description, and from
the claims.

BRIEF DESCRIPTION OF THE DRAWINGS

FIG. 1A is a plot of simulated values of G (i.e., a ratio of
F, to F,) at different wavelengths as a function of oxygen
saturation according to the present invention;

FIG. 1B is another plot of simulated values of G at
different wavelengths as a function of oxygen saturation
according to the present invention;
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FIG. 1C is yet another plot of simulated values of G at
different wavelengths as a function of oxygen saturation
according to the present invention;

FIG. 2 is another plot of calculated oxygen concentration
versus true oxygen saturation in a medium with a different
background scattering coefficient and total hemoglobin con-
centration according to the present invention;

FIG. 3 is a schematic diagram of a sample optical system
including two wave sources and two wave detectors
arranged in a linear fashion according to the present inven-
tion;

FIG. 4 is a time-course plot of total hemoglobin (HbT)
concentration, oxygenated hemoglobin (HbO)
concentration, and deoxygenated hemoglobin (Hb) concen-
tration according to the present invention; and

FIG. 5 is a time-course plot of oxygen saturation accord-
ing to the present invention function of oxygen saturation.

DETAILED DESCRIPTION OF THE
INVENTION

The following description provides preferred embodi-
ments of non-invasive optical systems and methods for
determining absolute values of properties (or conditions) of
physiological media. In particular, the description provides
optical systems and methods of the present invention for
determining the absolute values of concentrations of the
hemoglobins (both of deoxy- and oxy-hemoglobin) and
oxygen saturation (a ratio of oxy-hemoglobin concentration
to total hemoglobin concentration which is a sum of the
concentrations of oxy- and deoxy-hemoglobin) in the physi-
ological media. The description further provides novel
methods of solving a Beer-Lambert equation, a photon
diffusion equations, and/or modified versions thereof.

In one aspect of the invention, a novel method is provided
to solve the modified Beer-Lambert equation and/or the
photon diffusion equation applied to an optical system
including a source module and a detector module. The
source and detector modules may include, respectively, at
least one wave source and one wave detector. However, it is
generally preferred that the source and detector modules
include at least two wave sources and two wave detectors,
respectively.

As described hereinabove, equation (1) is the generalized
governing equation for describing migration of photons or
propagation of electromagnetic waves in a medium:

I=a-B-y-I- el =B-L0-Zj(5Ci e}

()

It is appreciated that the system parameters “y” and “8” may
have the value of 1.0 and “0” may be 0.0. One simplified
version of equation (1) may be obtained when the param-
eters “y” and “d” are approximated as a unity:

I=a-f-ly-e LIt (3a)

The conventional “photon diffusion equation” has the same
form as equation (3a):

[=5-D-ly- BLEiEGHA (3b)

where “S” corresponds to “a”” of equation (3a) and generally
accounts for characteristics of the wave source such as
power and configuration thereof, mode of optical coupling
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between the wave source and medium, and/or optical cou-
pling loss therebetween, “D” corresponds to “p” of equation
(3a) and generally accounts for characteristics of the wave
detector, mode of optical coupling between the wave detec-
tor and medium, and/or the associated coupling loss, and
“A” corresponds to “d” of equation (3a) which may be either
a proportionality constant or a parameter associated with the
wave source, wave detector, and/or medium.

For illustration purposes, an exemplary optical system
may include, e.g., two wave sources (S1 and S2) each
emitting electromagnetic waves of wavelength }.; and two
wave detectors (D1 and D2) arranged to detect at least a
portion of such electromagnetic waves. Applying the photon
diffusion equation (3b) to each pair of the wave sources and
detectors of the exemplary optical system yields the follow-
ing set of equations:

1;]11)] - 1;\} SlDle’["SJDJ[Z:’_S;11 Ci]LS]D]+A (4a)
1;]11)2 - 1;\} SlDze’BSJDZ(Z‘_S;\I C;JL51D2+A (4b)
1§21D] - 1;\2152[)18*35201(2‘_9?1 Ci)L52D1+A (e)

@d)

Al
-B E £t Ci|L; +A
1 Ay SZDZ[ ) t] S2D2
1§2D2 15)'252[)2‘3 !

where the superscript h, denotes that various variables and
parameters are obtained at the wavelength of A,.

A simple mathematical operation may eliminate at least
one system parameter from the equations (4a) to (4d). For
example, the source coupling factors such as S; and S, may
be canceled therefrom by taking the first ratio of the equation
(42) to (4b) and by taking the fourth ratio of the equation
(4d) to (4c). Logarithms of the first and second ratios are
then taken to yield what are conventionally termed as
“optical densities” (i.e., OD,™ is defined as a logarithm of
Leipr Y1, o™ and OD,? defined as a logarithm of I, 5./
Ieop ™). It is noted that
these optical densities are generally insensitive to exact
modes of optical coupling between the wave source and the
physiological medium:

1 I5ins Dy A A N (5a)
ODy' =ln4—— = th— + (BSipzLsipz — Bsszst)Z & C
2 e
Isip2 ;
Ay
2 Is2p; Dy 2 2 2 (5b)
oDy =In=== =Tn— + (Bshp;Ls2ps — Bs%Dstzm)Z Pale
Is2p; Di 7

Other system parameters may also be eliminated through
reformulating the above equations (5a) and (5b). For
example, the terms including the detector coupling factors,
D, and D,, may be canceled by adding equation (5a) to (5b):

ODM = 0D} + 0D = FM > Paye) (6a)
i
where
F}q:(BSlD2}\'1LSlD2_BS1D1}\1L51D1)+(BS2D1}\'1LS2D
1-BsopaLisopn (6b)

As manifest in the equation (6b), F* is primarily determined
by configurations of the wave sources and detectors (i.e.,
“L’s” which are predominantly “geometry-dependent and
which account for distances between each pair of a wave
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source and a wave detector) as well as the path length factors
(ie., “B’s” which are predominantly “medium-dependent
and which are determined by the optical properties of the
physiological medium and/or electromagnetic waves).
Equations (6a) and (6b) may be applied to the physiologi-
cal medium in order to obtain quantitative physiological
information such as concentrations of the chromophores
and/or their ratios. Numerous substances contained or sus-
pended in the medium may be capable of interacting or

interfering with photons or electromagnetic waves imping- 10

ing or propagating therethrough. However, in many physi-
ological media, hemoglobins such as deoxygenated and
deoxy-hemoglobin (Hb) and oxygenated or oxy-hemoglobin
(HbO) are the chromophores of the most physiological
interests. Applying equations (6a) and (6b) to such physi-
ological medium yields:

opM
FM

(Ta)

C = aHb [HB] + SHbO [HbO]

=2

where [Hb] and [HbO] respectively represent concentrations
of Hb and HbO.

By arranging the wave sources, S1 and S2, or additional
wave sources, e.g., S3 and S4, to irradiate a second set of
electromagnetic waves having a wavelength 2, which is
different from the wavelength X, a companion equation of
the equation (7a) is obtained as follows:

op'2
Fl2

(Tb)

Zs C; = 13, [HB] + £330 [HbO]

Accordingly, mathematical expressions of two system vari-
ables [Hb] and [HbO] can be readily derived from two
algebraic system equations (7a) and (7b) as follows:

v oD, oD% (32)
Eho—— — EHbo ——
HbO A HbO Ay
1P} = AL Ao Ay A
EHbEHbO ~ EHLEHBO
y OD'2 4, ODM (86)
‘9Hlb =y Hb =
_ F2 FM
[HbO) = A2 Ao AL
EHbEHbO — €HHEHKO
where
FAl:(BSlD2)\1LSlD2_BSlD1)\1LS1D1)+(BSZD1)\1LSZD1_BS2D2)\1L
52D2) (80)
and
FAZ:(BSIDZAZLS1D2_BSlD1L2LS1D1)+(BSZD1)\2L52D 1_BSZD2)\2
Loop (3d)

Expressions of other physiological properties, indices or
variables may also be derived from the above equations. For
example, oxygen saturation (SO,) is a frequently used index
for diagnosis of ischemic conditions and is generally defined
as a ratio of concentration of oxy-hemoglobin to total
concentration of hemoglobins (i.e., [HbT]=[Hb]+[HbO]):

[HbO]
S0p = —— =

[HbO]
[HPT] [

7 (9a)
Hb] + [HbO]

Incorporating equations (8a) and (8b) to equation (9a) yields
a following formula for the oxygen saturation as a function
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of the extinction coefficients (e’s), optical densities &OD s),
and medium/geometry-dependent factors, F** and F*2

A, OD'2 FU L (9b)
B Hb—ODM _F"Z Hb
30, = Ay A
Ay 0D FM

(8/}-}17 ‘SHbO)OD,\l = + (‘9H2bO —‘9/13)

It is noted that the extinction coefficients of Hb and HbO
at wavelengths h, and A, can be obtained experimentally or
from the literature, and that the optical densities may be
readily measured experimentally. However, estimation of
F* and F* is not straight-forward because the path length
factors including the terms F™ and F*? may depend on
specific types of the physiological medium as well as optical
or energy characteristics of photons or electromagnetic
waves.

It is appreciated that the absolute value of [Hb], [HbO],
and/or oxygen saturation may be obtained by estimating F™,
F*2 or their ratio as a function of, e.g., [Hb], [HbO], and/or
oxygen saturation. For example, it may be assumed that F*,
F?2 or their ratio may only marginally depend on background
optical properties and configurations of the wave sources
and detectors. It is believed that these assumptions are fairly
accurate in linear optical processes such as migration of
photons or propagation of electromagnetic waves in the
physiological media.

Once the correlations of the ratio of F* to F*? with oxygen
saturation is obtained for different physiological media by
simply measuring the optical properties thereof, such cor-
relations may be incorporated into equations (8a), (8b), and
(9b), and the absolute values of [Hb], [HbO], and/or oxygen
saturation may be obtained. In particular, a ratio of F* to F*
may be approximated, €.g., as a polynomial of oxygen
saturation as follows:

FM o . (10)
6=y = D" iS04 = ao + a1 SO2 +a>S0% + 43S0 +
=0

where coefficients of each term (i.e., 0to,0,05,05 . . . ) may
be obtained by, e.g., theoretical derivation, semi-theoretical
estimation or numerical method best-fitting experimental
data obtained between the values of G and oxygen satura-
tion. By incorporating the formula for G of equation (10)
into equation (9b), the absolute value of the oxygen satura-
tion may be obtained from known values of the extinction
coefficients (i.c., “¢,’s”) and experimentally measured opti-
cal densities (i.e., “OD’s”) as follows:

oplz & ; (1D

A i%

Hbm_z;ajsoé —hp
=

SO, =
2 K 0D &
(SHlb ‘9H1b0)0D,\1 Zajsoz (SHbo 9Hb)

=0

Equation (11) is generally solved numerically, but an ana-
Iytical expression for the oxygen saturation may also be
obtained when only a few first terms of the polynomials are
adopted so as to approximate G, i.e., the ratio of F* to 2,
Other methods may also be applied to approximate G. For
example, G may be estimated as a function of [Hb] and/or
[HbO], although it is noted that the accuracy of this esti-
mation may depend upon the one-to-one correspondence
between G and [Hb] and/or [HbO]. Alternatively, G may be
approximated as a constant as well. This approximation may
be a reasonable assumption when F** and F*2 are relatively
constant or tend to vary in proportion to each other accord-
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ing to different values of [Hb], [HbO], and/or oxygen
saturation. In the alternative, the value of “L,,,~ may be
adjusted by manipulating geometric configuration of the
wave sources and detectors so as to render G stay constant
or vary in a pre-determined manner.

Similarly, each of F** and F* may be approximated as a
function of [Hb], [HbO], and/or oxygen saturation. In the
alternative, F* and F* may also be assigned specific values
which may best approximate the optical system and/or the
physiological medium of interest. By taking the simplest
approach of approximating F** and F*? to be a unity, the
absolute values of [Hb], [HbO], and oxygen saturation may
be obtained as follows:

E3o0DM — £} ;oD (122)

[Hb] =
LIRS S - S |
EHpEHIO ~ €HHCHPO
£hLoD" - £} 0DM
[HbO] = Hb Hb
A Ao 0 A
EUpbEHPO ~ EHLEHPO

(12b)

by
4, 0Dy,

12¢
‘SHb—,\l — Ehp (120)

50, = OD/\
A OD2 N
(Eﬁb EHbO)—ODM + (SHbo SHb)

It is noted that [Hb], [HbO], and/or oxygen saturation
obtained from the equations (12a) to (12¢) (and/or other
approximation methods described hereinabove) may be less
accurate than those obtained from equations (8a), (8b), and
(9b). Nevertheless, as long as the foregoing assumptions
hold wvalid, one-to-one correlations may be expected
between the true values of [Hb], [HbO], and oxygen satu-
ration and those obtained from approximating equations
(12a) to (12c). Such correlations may be determined once
the optical properties of the physiological medium are
known. For example, extinction coefficients, absorption
coefficients, and/or scattering coefficients of the physiologi-
cal medium (or those of the chromophores) may be deter-
mined for [HbT] and oxygen saturation. With known optical
properties, oxygen saturation may be estimated at different
levels of [HbT] through simulations of the diffusion equa-
tions and/or through experiments. Equations (12a) and (12b)
may then be used to back-calculate [HbT], and a correction
function can be calculated which correlates the calculated
[HbT] with the true [HbT]. Similar or identical approach
may be applied to calculate correction functions for [Hb]
and/or [HbO] as well. It is noted that these methods may be
applied to different physiological media (e.g., different
human or animal subjects) to assess different optical prop-
erties and, therefore, to obtain different correction functions.

It is appreciated that the foregoing methods are applicable
to any optical system and physiological media where migra-
tion of photons or propagation of electromagnetic waves
may be reasonably described by the generalized governing
equation (1). It should be noted that the parameter elimi-
nating step of the foregoing methods may be applicable
regardless of the specific numerical values assigned to the
parameters “y” and “d”. For example, y can be eliminated by
taking ratios of equation (4a) to (4b) and equation (4d) to
(4c), and 8 can be eliminated by taking the ratio of F to F*2,
In addition, the foregoing method may also be readily
applicable to any modified versions of the governing equa-
tion (1) where the optical interaction or interference of the
medium is described by absorption coefficient or scattering
coefficients of the medium (or the chromophores included
therein). For example, by assigning an adequate value and

unit to parameter “y,” such modified equations can be
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converted into equations substantially similar or identical to
the governing equation (1). Accordingly, it is manifest that
the foregoing methods may be deemed universal methods
for solving the generalized governing equation (1) for the
chromophore concentrations and/or their ratios.

It is further appreciated that the absolute values of the
chromophore concentrations (or their ratios) may be
obtained by wvariations of the foregoing methods. For
example, the detector coupling factors, D, and D,, may first
be eliminated from equations (4a) to (4d) by taking the third
ratio of the equation (4a) to (4¢) and the fourth ratio of the
equation (4d) to (4b) as follows:

oD = (5¢c)
A] Al
I I S A a
In—2L =1n—" +In’= + (BgmLszm - BS’}D!’JS]D])Z £'¢
g AL S2
Is2pr Is f
A
oD, = (5d)
A
Isipz Is2 N, (g4 Al 2y
=== =ln—= +In- + (BslpaLsipz — Bsznstzz)z)Z &G
M M S -
§iD2 Si i

Similar to equations (5a) and (5b), this variational method
yields optical densities OD,* and OD,* which are substan-
tially insensitive the coupling mode between the wave
detector and medium. By adding equation (5¢) to (5d), the
logarithmic ratios (i.e., one ratio of intensities of clectro-
magnetic waves irradiated by the wave sources and the other
ratio of the source coupling factors, S, and S,) also cancel
each other, yielding:

oDy = oD + oD} = F > sl (6c)
i
where
F34)‘1=(B52D1)‘1L52D1_BSlD1A1L51D1)+(BSID2)‘1LSID2_
BSZDZ 1LS2D2)' (6d)

By applying equations (6¢) and (6d) to the physiological
medium including oxy- and deoxy-hemoglobins, following
equation (7c) is obtained:

(7o)

A1
oD
223" 1 = e [H] + s [HBO)

Fb G

Similarly, a companion equation of equation (7¢) may be
obtained by applying the second set of electromagnetic
waves having a wave length J.,:

Jd

A
oD
=) £2C; = &3 [Hb] + &1 [HbO

Fgﬁ% i

Accordingly, by solving equations (7¢) and (7d), mathemati-
cal expressions of two system variables [Hb] and [HbO] can
be obtained as follows:

A A
n, 0Dy a ODy
CHbO T EHIO T,
_ 34 34
(HD) = A Ao Ao Ay
EHpEHbO ~ CHHEHD

(8e)
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-continued
A A
y 0D, O3 (8D
EHp >~ SHb I
_ 34 34
[HbO] = AL Ay A Ay
EHPEHPO — CHHCHKO
where
F34}\‘1=(BSZDl}\lLS2D1_BS1D1}\1L51D1)+(BSlDZ}\'lLSlD2_BSZD2}\1
Lisopo) (8g)
and
F34" ™ =(Bs2p1" Lsap1=Bs1py Ls1p)*+ Bsips Lsipo—B
34 S2D1 S2D1 S1D1 S1D1. S1D2 S1D2 S2D
2"Lsrpo) (8h)
The oxygen saturation may then be expressed as:
A
y ODF Fid - ©)

Hb X Erb
1 2
ODs; Fii
Ay Ay
oDy Fi 1 1
4 _FAZ +(‘9Hb0_‘9Hb)
ODy; F3j

SO, =
(E)I:llb - ‘9/}111;0)

Other variations of the foregoing methods leading to the
equations (9b) and (9¢) may also be used as long as they are
designed to eliminate system parameters and to ultimately
express [Hb], [HbO], and/or oxygen saturation in terms of
known or measurable system variables or parameters such
as, e.g., optical densities, extinction coefficients, and/or
other geometry-dependent parameters.

It is further appreciated that the foregoing method of the
present invention allows the wave sources to irradiate mul-
tiple sets of electromagnetic waves having different wave
characteristics through various different embodiments. The
simplest arrangement may be to provide two wave sources
(such as S1 and S2), where each source is designated to
irradiate electromagnetic waves having different
wavelengths, phase angles, amplitudes, and/or harmonics.
Alternatively, each wave source may also be arranged to
irradiate substantially identical signal waves which are,
however, superimposed on different carrier waves. In yet
another alternative, a single or each wave source may be
arranged to irradiate multiple sets of electromagnetic waves
intermittently, sequentially or simultaneously as long as
different sets of electromagnetic waves can be identifiable
by one or more wave detectors. Similar arrangements may
also be applied to the wave detectors as well. For example,
two wave detectors (D1 and D2) may be provided where
each detector is designated to detect only a single set of
electromagnetic waves. Alternatively, a single or each wave
detector may be arranged to detect multiple sets of electro-
magnetic waves with different wave characteristics on an
intermittent, sequential or simultaneous mode. Because the
foregoing methods of the present invention allow these
various arrangements, the foregoing methods can be readily
incorporated to any conventional spectroscopic techniques
including, e.g., continuous wave spectroscopy, time resolved
spectroscopy, and phase modulation spectroscopy.

In another aspect of the invention, an over-determined
numerical method is provided to solve the modified Beer-
Lambert equation and/or the photon diffusion equation
applied to an optical system including a source module and
a detector module, where at least one of the source module
and detector module may be arranged to irradiate or detect
more than two sets of electromagnetic waves. By arranging
an optical system to provide “more equations” than “the
number of system variables” of interest, resulting extra
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equations may be utilized for other purposes, ¢.g., (i) to
enhance the accuracy of estimated values of system vari-
ables (e.g., chromophore concentrations or their ratios), (if)
to determine system parameters (e.g., “a,.” “B,,” “v,”
“B 7 “d,” “e,” “o” or other parameters such as
absorption and scattering coefficients of the medium and/or
chromophores) or (iii) to provide correlations of the
medium- and/or geometry-dependent parameters of the
equations (1) or (3b) with the system variable(s) and/or other
system parameters.

In the first embodiment, the extra equations may be used
to obtain multiple sets of the chromophore concentrations
(and/or their ratios). It is expected that discrepancies may
exist, at least to some extent, among the estimated values of
the concentrations (and/or their ratios). Such discrepancies
may be attributed to inherent idiosyncracies of each pair of
the wave source and the wave detector. Alternatively, the
discrepancies may also arise from a non-homogeneous
medium, i.e., the medium having inherent variations in
optical properties in different portions thereof. One way of
taking advantage of different concentrations of the chro-
mophores (and/or their ratios) may be to average such values
to obtain an arithmetic, geometric or logarithmic average
having reduced random or systematic errors and greater
accuracy. Alternatively, each measured value may be
weighted by an appropriate weight function which may
account for, e.g., geometric configuration of the wave
source-detector assembly.

In the second embodiment, correlations of the medium-
and/or geometry-dependent parameters of the equations (1)
or (3b) with, e.g., the chromophores concentrations (or their
ratios) may be obtained from those extra equations. For
example, when G (i.e., the ratio of F* to F*) is approxi-
mated as a polynomial of oxygen saturation according to the
equation (10), each of the coefficients of the polynomial may
be assigned an initial value, and then improved by iterative
techniques employing a conventional numerical fitting
method. In addition, the extra equations may also be used to
find the correction functions between approximated values
of oxygen saturation, [Hb], and/or [HbO] and the true values
thereof.

Furthermore, the extra equations may also be used to
estimate system parameters (€.g., “Cb,,s” “Bri” “V,” “Boups
“L,... “8,” “€,” “0,” and/or other system parameters such
as absorption coefficients and/or scattering coefficients of
the medium and/or chromophores). For example, a forward
numerical scheme may be used to estimate absorption and
reduced scattering coefficients of the physiological medium
and/or chromophores included therein. As described
hereinabove, migration of photons and propagation of elec-
tromagnetic waves in the medium can be described by the
diffusion or transport equation. Assuming that the medium is
semi-infinite and homogeneous, following equation may
describe an intensity of electromagnetic waves detected by
a j-th detector:

IijA=SihDth)(ri>rjMa >/’LS) (1 3)
where S; generally denotes a source coupling parameter
accounting for, e.g., characteristics of an i-th wave source
such as power and configuration thereof, mode of optical
coupling between the i-th wave source and medium, and/or
coupling loss therebetween, and D; is a detector coupling
factor generally accounting for characteristics of a j-th wave
detector, mode of optical coupling between the j-th wave
detector and medium, and the associated coupling loss
therebetween.

A symbol “¢” represents a forward numerical model
which simulates measurement for a given pair of the wave
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source and wave detector. Parameters “u,” and “ug
represent, respectively, an absorption coefficient and
reduced scattering coefficient. When the optical system
includes, e.g., a total number of N¢ wave sources and N,
wave detectors, equation (13) can be expressed in a matrix
form as follows:

(B34

Iy finp SIDYp(r1, ri, pay 1)

Ivga = Ingns || Sy DEGUngs 7o flas 1) -

Each side of the equation (14) is divided by the first column
of each matrix:

L Iy, | Diyy -t 71s fas 12 (5
i D} lri, 1, s 1)
i ) /
Ns-Np Diyp - #0ngs Tnp s Has M)
Isan D} Brng . 71s s 1)

Each row of the matrices A and B of the equation (15) is then
divided by the first row of each matrix:
1 - 1 (16)

Ing.Np
Ing.1

Prvgs g Mas 1) P Fp s fas 1)
PUrng» 15 Has 1) S(rL, 7L, Hay 1)

Il
@

As manifest in equation (16), both of the matrices A and
B are functions of the absorption and reduced scattering
coefficients and do not depend on the source- and detector-
coupling parameters such as S; and D, Accordingly, by
minimizing the difference between two matrices A and B
(i-e., |A-BJ), the best estimates of the absorption coefficient
and the reduced scattering coefficient may be numerically
obtained by conventional curve-fitting methods. After esti-
mating the absorption and reduced scattering coefficients,
[Hb], [HbO], and oxygen saturation may be obtained by the
following set of formulae:

Ao AL M A
SHboHa — SHpola (17a)

[Hbl = = 0 X
‘9.Hlb‘9H%70 - ‘9H2b‘9I~11bO
Al A oA
HbO! = Srippa® — £ pat (17b)
[ 1= A Ao o Ay
EHbEHbO — €HLEHDO
AL A A
w0 [FbO] Sibis? — ! (17¢)
2= =Thn 2 EYREY EVIREY 5 X
LHb] + [HbO] ('914'21;0}101 —‘SHlboMaz) + ('SHleaz _‘SHZbMGI)

It is noted that the foregoing over-determined method
may be applied to the optical systems with at least two wave
sources and three wave detectors, at least three wave sources
and two wave detectors, or three wave sources and three
wave detectors. Alternatively, the over-determined method
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may equally be applied to the optical systems where a single
or each wave source or detector has the capability of
irradiating or detecting multiple sets of electromagnetic
waves, respectively.

It is appreciated that the foregoing over-determined
method may be incorporated by any conventional numerical

StDAp @1, Pvps o ) ] (14

Sivg Dy g Piipys Has H5)

schemes. For example, a forward model, a backward model
or a hybrid model may be applied to determine, ¢.g., an
extinction coefficient, an absorption coefficient or a scatter-
ing coefficient of the physiological medium (or the chro-
mophores included therein). Such models may also be
applied to estimate the concentrations of the chromophores
(and/or ratios thereof). It is noted, however, that the results
obtained by such numerical models generally include inher-
ent errors associated therewith. Such errors may be mini-
mized by employing numerical models with the error terms
of the second or higher order. However, such models may
have a major drawback of requiring rigorous numerical
computations. Accordingly, the accuracy and efficiency of
each numerical model must be considered and compromised
in selecting an appropriate one.

In yet another aspect of the invention, an optical system
is provided to solve a set of wave equations and to determine
absolute values of the concentrations of the chromophores
(and/or ratios thereof) contained or suspended in a physi-
ological medium. An exemplary optical system may include
a body, a source module including at least one wave source,
a detector module having at least one wave detector, and a
processing module. The source module is supported by the
body, and is generally arranged to optically couple with the
physiological medium and to irradiate into the medium at
least two sets of electromagnetic waves having different
wave characteristics. The detector module is also supported
by the body, and is arranged to optically couple with the
medium and to detect electromagnetic waves transmitted
through the medium. The processing module is arranged to
operatively couple with the detector module, to solve a set
of multiple wave equations, and to obtain the absolute values
of the concentrations of chromophores and/or ratios thereof.

In general, the processing module includes an algorithm
which is arranged to solve the foregoing equations (1) or
(3b) or their modified versions. For example, one or more of
the foregoing methods may be provided thereto as hardware
or software or be implemented to a microprocessor so that
the absolute values of the chromophore concentrations (and/
or their ratios) may be calculated from, ¢.g., the intensity of
electromagnetic waves irradiated by the source module (or
its wave source(s)), intensity of electromagnetic waves
detected by the detector module (or its wave detector(s)),
and at least one system parameter which may account for an
optical interaction and/or interference between the electro-
magnetic waves and the medium. The algorithm of the
processing module may include one or more functions
which correlates the medium- and/or geometry-dependent
term(s) of the foregoing wave equations as a function of,
e.g., the chromophore concentrations (or their ratios). The
algorithm of the processing module may also be capable of
executing the over-determined methods described herein-
above. In addition, the processing module and algorithm
thereof may be arranged to operate on the TRS, PMS or
CWS mode.



US 6,597,931 B1

17

The source module may include at least one wave source
and the detector module may include at least two wave
detectors. Alternatively, the source module may include at
least two wave sources while the detector module may
include at least one wave detector. It is preferred, however,
that the source and detector modules include, respectively, at
least two wave sources and at least two wave detectors.

As described hereinabove, the foregoing methods of the
present invention are rather insensitive to actual configura-
tion of wave sources and detectors. Accordingly, the optical
system of the present invention may include any number of
wave sources and/or detectors arranged in any arbitrary
configuration. However, a few source-detector configura-
tions may be preferred so as to obtain the absolute values of
the chromophore concentrations (and/or their ratios) with
better accuracy, reliability, and reproducibility.

In the first preferred embodiment, multiple wave sources
and/or detectors may be arranged so that near-distances
between each wave source and detector pair are substantially
identical. For example, for the source module including two
(ie., a first and second) wave sources and the detector
module including two (i.e., a first and second) wave
detectors, a distance (e.g., a near-distance) between the first
wave source and the first wave detector may be arranged to
be substantially similar to that (e.g., another near-distance)
between the second wave source and the second wave
detector. In addition, another distance (e.g., a far-distance)
between the first wave source and the second wave detector
may also be arranged to be substantially similar to that (e.g.,
another far-distance) between the second wave source and
the first wave detector. It is appreciated that this embodiment
is not necessarily required for every single pair of the wave
source and detector. For example, when the source module
has M wave sources and the detector module has N wave
detectors (M and N are integers greater than 1), at least two
of M wave sources and two of N wave detectors may be
arranged so that a distance between an M;-th wave source
and an N, -th detector is substantially similar to that between
an M,-th wave source and an N,-th wave detector, and that
a distance between the M,-th wave source and the N,-th
wave detector is substantially similar to that between the
M, -th wave source and the N,-th wave detector, where M,
and M, are both integers between 1 and M, and N; and N,
are both integers between 1 and N.

In the second preferred embodiment, wave detectors may
be arranged substantially linearly along a straight line. As
will be demonstrated in Examples, this arrangement has
produced the concentrations of oxygenated and deoxygen-
ated hemoglobins and oxygen saturation with great accura-
cies. It is noted that not all wave detectors have to be
arranged linearly. For example, a substantial portion of the
wave detectors may only have to be disposed substantially
along the straight line. In this embodiment, it is also pre-
ferred that at least one wave source be disposed on one side
of the straight line while at least one other wave source be
disposed on the other side of the straight line.

In operation, a source module with at least one wave
source and a detector module having at least one wave
detector are provided to an active surface of an optical probe
which is operatively connected with a main body of an
optical system. Alternatively, the wave source and/or detec-
tor modules may be disposed at the main body and optical
fibers may be provided to connect the source and detector
modules to openings provided on the active surface of the
optical probe. Any conventional wave sources and detectors
may be used for such optical prove. It is preferred, however,
that the wave source is capable of irradiating electromag-
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netic waves in the near-infrared range, ¢.g., between 500 and
1,200 nm or, 1n particular, between 600 and 900 nm, and that
the wave detector has appropriate sensitivity to such elec-
tromagnetic waves. The optical probe is placed on a physi-
ological medium, with its active surface disposed on the
medium to form an optical coupling therebetween. The
source module is activated so that at least two sets of
electromagnetic waves having different wave characteristics
are irradiated into the medium. The detector module then
picks up different sets of electromagnetic waves irradiated
by the wave source, propagated through the medium, and
directed toward the wave detector. The wave detector gen-
erates electric signals which are received by the processing
module of the main body of the optical system. Based on the
optical densities and at least one system parameter such as
extinction coefficients of the chromophores, the processing
module computes the absolute values of the oxygenated
hemoglobin concentration, the deoxygenated hemoglobin
concentration or the oxygen saturation.

It is noted that the optical system according to the present
invention may include an equation solving module which is
operationally separate from the processing module. Such an
equation solving module may include variety of numerical
models designed perform one or more of the foregoing
methods of the present invention.

Although the foregoing disclosure has been directed
toward obtaining the absolute values of the concentrations of
oxygenated and deoxygenated hemoglobins (and/or their
ratios), the foregoing optical systems and methods therefor
may be applicable to obtain absolute values of other sub-
stances in the medium or properties thereof. For example,
similar or identical systems and methods may be used to
determine the absolute values of concentrations (or their
ratios) of other chromophores such as lipids, cytochromes,
water, and the like. Depending upon the absorption or
scattering characteristics, the wavelengths of the electro-
magnetic waves may be adjusted for better resolution. In
addition, chemical compositions may be added to the
medium to enhance optical interaction or interference of
chromophores in the medium or to convert an non-chromatic
substance of the medium into a chromophore.

As described hereinabove, the foregoing optical systems
and methods of the present invention are preferred to be
incorporated to the continuous wave spectroscopic technol-
ogy. However, such systems and methods may readily be
incorporated into the time-resolved and phase-modulation
spectroscopic technologies as well.

The optical systems and methods according to the present
invention find a wvariety of medical applications. As
described hereinabove, such optical systems and methods
may be applied to measure the absolute values of concen-
trations of oxygenated and deoxygenated hemoglobin and/or
their ratio. Such optical systems will be beneficial in non-
invasively diagnosing ischemic conditions and/or locating
ischemia in various organs and tissues such as, e.g., a brain
(stroke), heart (ischemia) or other physiological abnormali-
ties originating from or characterized by abnormally low
concentration of oxy-hemoglobin. In addition, presence of
cancerous tumors in various internal organs, breasts, and
skins may be easily detected as well. Such optical systems
and methods may further be applied to cells disposed in
epidermis, corium, and organs such as a lung, liver, and
kidney. Such optical systems and methods may also be
applied to diagnose vascular occlusion during or after sur-
gical procedures including transplantation of tissues, skins,
and organs, e.g., heart, lung, liver, and kidney.
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Following examples describe simulation and experimen-
tal results obtained by the optical systems and methods
thereof according to the present invention. All simulation
and experimental results indicate that the optical systems
and methods thereof provide accurate predictions of the
concentrations of the hemoglobins as well as the oxygen
saturation.

EXAMPLE 1

The diffusion equation (3b) was numerically solved for
optical proves with multiple wave sources and detectors
arranged in wvarious configurations. The equations were
applied to a sample physiological medium such as a semi-
infinite, homogeneous diffuse medium with different back-
ground optical properties. Diffuse reflectances were calcu-
lated according to an imaging source approach disclosed in
an article entitled, “Boundary conditions for the diffusion
equation in radiative transfer” by R. C. Haskell et al. and
published in Journal of Optical Society of America (11, p.
2727-2741, 1994). Values of G (the ratio of F* to F*?) were
estimated at different levels of oxygen saturation and fitted
as a polynomial thereof.

FIGS. 1A to 1C are plots of G’s (ratios of F’s simulated
at different wavelengths) as a function of oxygen saturation.
As shown in the figures, all simulation results showed
distinct one-to-one correlations between G and oxygen
saturation, and that the dependence of G on oxygen satura-
tion was substantially insensitive to the source-detector
configuration as well as the background optical properties.
Conventional curve-fitting methods, such as the least-
squares method, were applied to numerically estimate the
coefficients of equation (10) (i.e., 0y,0t;,0,05 . . . ). For
example, in a system with background reduced scattering
coefficient of 10 cm™ and the total hemoglobin concentra-
tion of 10~* mol/liter and simulated with electromagnetic
waves having wavelengths of 780 nm and 830 nm, following
equation approximated the relation between G and oxygen
saturation:

FM (18)

G = —— =0.728+0.399.50, +0.064-503 + 0.067-SO3
Fl

EXAMPLE 2

Further simulations were performed in a system with the
background scattering of 7 cm™' and the total hemoglobin
concentration of 2x10~* mol/liter. In the simulations, SO,
was varied from 0 to 100%. FIG. 2 is a plot of calculated
oxygen saturation contrasted against true oxygen saturation.
Although the background properties used to find the corre-
lation between G and oxygen saturation were quite different,
the estimated oxygen concentration was accurate with a
systematic error of about a few percent.

EXAMPLE 3

An exemplary optical system was prepared and hemoglo-
bin concentrations and the oxygen saturation were moni-
tored before and after occlusion of arteries of an extremity
in a human subject. FIG. 3 is a schematic diagram of a
sample optical system including two wave sources and two
wave detectors arranged in a linear fashion according to the
present invention. Two wave detectors were linearly dis-
posed along a straight line and separated by 6 mm. Two
wave sources were disposed outside of each wave detector
so that the left wave source was disposed at the left side of
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the left wave detector at a distance of 9 mm, and the right
wave source disposed at the right side of the right wave
detector at a distance of 9 mm. Accordingly, each pair of the
wave sources and detectors had identical near-distances and
far-distances. The wave sources had an outer diameter of 2
mm and each was designed to irradiate the electromagnetic
waves having two different wavelengths. For example, laser
diodes (model numbers HL6738MG and HIL8325G,
Thorlabs, Inc), were used to irradiate electromagnetic waves
having wavelengths 690 nm and 830 nm, respectively. A
photo-detector (model number OPT202 by Barr-Brown) was
used as the wave detector.

A cuff was placed at the upper arm and the optical probe
was disposed at the fore arm. After the subject stabilized,
cuff pressure was increased to about 160 mmHg in about 35
seconds, held at the same level for about 40 seconds, and
then released to atmospheric level. Concentrations of the
total hemoglobin, oxygenated hemoglobin, and deoxygen-
ated hemoglobin were monitored, along with the oxygen
saturation.

FIG. 4 is a time-course plot of total hemoglobin (HbT)
concentration, oxygenated hemoglobin (HbO)
concentration, and deoxygenated hemoglobin (Hb) concen-
tration according to the present invention, and FIG. 5 is a
time-course plot of oxygen saturation according to the
present invention. As shown in the figures, hemoglobin
concentrations and oxygen saturation decreased sharply
during the initial phase of occlusion, followed by a gradual
decrease thereof. After the release, concentrations and oxy-
gen saturation showed rapid increase. These results demon-
strated that the optical systems and methods according to the
present invention provided accurate predictions of the hemo-
globin concentrations as well as the oxygen saturation.
These results also showed that the optical systems possessed
proper temporal response characteristics.

It is to be understood that, while various embodiments of
the invention has been described in conjunction with the
detailed description thereof, the foregoing is intended only
to illustrate and not to limit the scope of the invention, which
is defined by the scope of the appended claims. Other
embodiments, aspects, advantages, and modifications are
within the scope of the following claims.

What is claimed is:

1. An optical system for determining absolute values of
concentrations of chromophores in a physiological medium,
said optical system comprising:

a body;

a wave source configured to be supported by said body, to
optically couple with said medium, and to irradiate into
said medium at least two sets of electromagnetic waves
having different wave characteristics;

first and second wave detectors configured to be sup-
ported by said body, to optically couple with said
medium, and to detect electromagnetic waves transmit-
ted through said medium, wherein a distance between
said wave source and said first wave detector is differ-
ent than a distance between said wave source and said
second wave detector; and

a processing module configured to operatively couple
with said first and second wave detectors, and to
determine an absolute value of a concentration of a
chromophore in said medium from a plurality of wave
equations based only on intensity measurements of
continuous wave electromagnetic radiation from said
first and second wave detectors.
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2. An optical system according to claim 1,

wherein said chromophores are hemoglobins including
oxygenated hemoglobin and deoxygenated hemoglo-
bin.

3. An optical system according to claim 1,

wherein said physiological medium includes cells of at
least one of organs, tissues, and body fluids.

4. An optical system according to claim 3,

wherein at least a portion of said cells is normal while the
rest thereof is abnormal.

5. An optical system according to claim 4,

wherein said abnormal cells are tumor cells.

6. An optical system according to claim 4,

wherein said cells are disposed in at least one of
epidermis, and corium of an internal organ including at
least one of a brain, heart, lung, liver, and kidney.

7. An optical system according to claim 4,

wherein said cells are those of a transplanted organ.

8. An optical system according to claim 7,

wherein said transplanted organ includes at least one of a
brain, heart, lung, liver, and kidney.

9. An optical system according to claim 1,

wherein said wave characteristics include at least one of
wavelengths, phase angles, amplitudes, harmonics, and
a combination thereof.

10. An optical system according to claim 9,

wherein a first set of said electromagnetic waves has a first
wavelength and a second set of said electromagnetic
waves has a second wavelength which is different from
said first wavelength.

11. An optical system according to claim 9,

wherein a first set of said electromagnetic waves includes
a first carrier wave and a second set of said electro-
magnetic waves includes a second carrier wave which
has wave characteristics different from those of said
first carrier wave,

12. An optical system according to claim 11,

wherein said wave characteristics include at least one of
wavelengths, phase angles, amplitudes, harmonics, and
a combination thereof.

13. An optical system according to claim 1,

wherein said processing module includes an algorithm
configured to determine said absolute value based on an
intensity of electromagnetic waves irradiated by said
wave source, an intensity of electromagnetic waves
detected by said first wave detector, an intensity of
electromagnetic waves detected by said second wave
detector, and at least one parameter accounting for an
optical interaction between electromagnetic waves and
said medium.

14. An optical system according to claim 13,

wherein said wave equations include at least one term
substantially dependent on at least one of optical prop-
erties of said medium and configuration of said wave
source and first and second wave detectors,

said algorithm including at least one correlation express-
ing a first function of said term as a second function of
at least one of said concentrations and said ratios
thereof.

15. An optical system according to claim 14,

wherein said second function is a polynomial of at least
one of said concentrations and said ratios thereof.

16. An optical system according to claim 13,

wherein said wave equations include at least one term
substantially dependent on at least one of optical prop-
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erties of said medium and configuration of said source
module and detector module,

wherein said algorithm approximates a function of said
term as a constant.

17. An optical system according to claim 1,

wherein said wave equation is expressed as:
I=apyl, exp{-BLOZ,(e,C))+0},

wherein I, is a variable for an intensity of electromagnetic
waves irradiated by said wave source, I is a variable for an
intensity of electromagnetic waves detected by a selected
wave detector of said first and second wave detectors, o is
a parameter associated with at least one of said wave source
and medium, {} is a parameter associated with at least one of
said selected wave detector and medium, vy is one of a
proportionality constant and a parameter associated with at
least one of said wave source, selected wave detector, and
medium, B is a parameter accounting for a length of an
optical path of electromagnetic waves through said medium
and associated with at least one of said wave source, selected
wave detector, and medium, L is a parameter accounting for
a distance between said wave source and said selected wave
detector, 8 is one of a proportionality constant and a param-
eter associated with at least one of said wave source,
selected wave detector, and medium, €; is a parameter
accounting for an optical interaction between electromag-
netic waves and an i-th chromophore in said medium, C; is
a variable denoting concentration of said i-th chromophore,
and o is one of a proportionality constant and a parameter
associated with at least one of said wave source, selected
wave detector, and medium.
18. An optical system according to claim 17,

wherein said parameter B is a path length factor.

19. An optical system according to claim 17,

wherein said parameter €, is at least one of a medium
extinction coefficient, medium absorption coefficient,
and medium scattering coefficient.

20. An optical system according to claim 1,

further comprising another wave source.

21. An optical system according to claim 20,

wherein said wave equation is expressed as:

L=l €Xp{=B,,,.L,,,03,(€,C)+07},

wherein 1, ,, is a variable for an intensity of electromagnetic
waves irradiated by an m-th wave source, I, is a variable
for an intensity of electromagnetic waves irradiated by said
m-th wave source and detected by an n-th wave detector, ct,,
is a parameter associated with at least one of said m-th wave
source and medium, f3,, is a parameter associated with at
least one of said n-th wave detector and medium, vy is one of
a proportionality constant and a parameter associated with at
least one of said m-th wave source, n-th wave detector, and
medium, B,,,, is a parameter accounting for a length of an
optical path of electromagnetic waves through said medium
and associated with at least one of said m-th wave source,
n-th wave detector, and medium, L, is a parameter
accounting for a distance between said m-th wave source
and n-th wave detector, d is one of a proportionality constant
and a parameter associated with at least one of said m-th
wave source, n-th wave detector, and medium, €; is a
parameter accounting for an optical interaction between
electromagnetic waves and an i-th chromophore included in
said medium, C; is a variable denoting concentration of said
i-th chromophore, and o is one of a proportionality constant
and a parameter associated with at least one of said m-th
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wave source, n-th wave detector, and medium, wherein both
of said subscripts m and n are non-zero positive integers.
22. An optical system according to claim 21,
wherein said parameter B, is a path length factor asso-
ciated with at least one of said m-th wave source, n-th
wave detector, and medium.
23. An optical system according to claim 21,
wherein said parameters y and 0 are configured to be
substantially close to a unity so that said wave equation
is simplified as

L.=0.B.1, exp{-B,..L ., ZLe.C)+0}.

24. An optical system according to claim 20,

wherein said wave sources and wave detectors configured
so that a distance between said wave source and said
first wave detector is substantially similar to that
between said another wave source and said second
wave detector, and that a distance between said first
wave source and said second wave detector is substan-
tially similar to that between said another wave source
and said first wave detector.

25. An optical system according to claim 20,

further comprising at least M wave sources and at least N
wave detectors wherein M and N are integers greater
than 1,

said wave sources and wave detectors configured so that
a distance between an M, -th wave source and an N, -th
detector is substantially similar to that between an
M, -th wave source and an N,-th wave detector, and that
a distance between said M;-th wave source and said
N,-th wave detector is substantially similar to that
between said M,-th wave source and said N,-th wave
detector, wherein said M; and M, are both integers
between 1 and M, and wherein said N, and N, are both
integers between 1 and N.

26. An optical system according to claim 20,

wherein a substantial portion of said wave detectors are
disposed substantially along a straight line, at least one
of said wave sources disposed on one side across said
straight line and at least the other one of said wave
sources disposed on the other side across said straight
line.

27. An optical system according to claim 26,

wherein all of said wave detectors are disposed substan-
tially along said straight line.

28. An optical system according to claim 20,

wherein said detector module includes at least three wave
detectors each of which is disposed substantially along
a straight line.

29. An optical system for determining an absolute value
of concentrations of chromophores in a physiological
medium, said optical system comprising:

a wave source configured to optically couple with said
medium and to irradiate into said medium at least two
sets of electromagnetic waves having different wave
characteristics;

first and second wave detectors configured to optically
couple with said medium and to detect electromagnetic
waves transmitted through said medium, where a dis-
tance between said wave source and said first wave
detector is different than a distance between said wave
source and said second wave detector;

an equation module incorporated with a plurality of wave
equations applied only to intensity measurements of
continuous wave electromagnetic radiation from said
first and second wave detectors; and
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a processing module configured to operatively couple
with said first and second wave detectors and said
equation module and to determine an absolute value of
a concentration of a chromophore in said medium.

30. An optical system for determining an absolute value

of concentrations of chromophores n a physiological
medium, said optical system comprising:

at least one wave source configured to optically couple
with said medium and to irradiate into said medium at
least two sets of electromagnetic waves having differ-
ent wave characteristics;

at least two wave detectors configured to optically couple
with said medium and to detect electromagnetic waves
transmitted through said medium theretoward, where
one of the at least two wave detectors is at a different
distance from the at least one wave source as another of
the at least two wave detectors;

an equation module incorporated with a plurality of wave
equations applied only to intensity measurements of
continuous wave electromagnetic radiation from the at
least two wave detectors; and

a processing module configured to determine an absolute
value of a concentration of a chromophore in said
medium based on an intensity of continuous wave
electromagnetic waves irradiated by said at least one
wave source, said intensity measurements of continu-
ous wave electromagnetic radiation detected by said at
least two wave detectors, and at least one parameter
accounting for an optical interaction between electro-
magnetic waves and said medium.

31. A method of solving a set of wave equations applied
to an optical system having at least one wave source and at
least one wave detector wherein electromagnetic waves are
irradiated by said wave source, transmitted through a physi-
ological medium including at least one chromophore, and
detected by said wave detector, said wave equation express-
ing an intensity of electromagnetic waves detected by said
wave detector in terms of at least one variable and at least
one parameter, said variable and parameter including an
intensity of electromagnetic waves irradiated by said wave
source, at least one source-dependent parameter accounting
for an optical interaction between said wave source and
medium, at least one detector-dependent parameter account-
ing for an optical interaction between said wave detector and
medium, at least one medium-dependent parameter depen-
dent on optical path lengths of electromagnetic waves
through said medium, at least one geometry-dependent
parameter dependent on configuration of said wave source
and wave detector, at least one chromophore-dependent
parameter accounting for an optical interaction between said
chromophore and electromagnetic waves transmitted there-
toward; concentration of said chromophore; and at least one
auxiliary parameter which is one of a proportionality con-
stant and a parameter depending on said wave source, wave
detector, and medium, said method comprising the steps of:

obtaining a plurality of sets of equations by applying said
wave equation to said optical system capable of irra-
diating at least two sets of electromagnetic waves
having different wave characteristics;

eliminating said source-dependent and detector-
dependent parameters therefrom to obtain a set of
intermediate equations;

providing at least one correlation of said medium-
dependent and said geometry-dependent parameter
with at least one of said concentrations and said ratios
thereof;
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incorporating said correlation into said set of intermediate
equations; and

obtaining an absolute value of at least one of said con-
centrations and said ratios thereof based on said inten-
sities of electromagnetic waves and said chromophore-
dependent parameter.

32. A method of claim 31,

wherein said wave equation is expressed as:

I=afyl, exp{-BL&Z,(c,.C;)+0},

wherein I, is a variable for an intensity of electromagnetic
waves irradiated by said at least one wave source, I is a
variable for an intensity of electromagnetic waves detected
by said at least one wave detector, o. is a parameter associ-
ated with at least one of said at least one wave source and
medium, 3 is a parameter associated with at least one of said
at least one wave detector and medium, y is one of a
proportionality constant and a parameter associated with at
least one of said at least one wave source, at least one wave
detector, and medium, B is a parameter accounting for
lengths of optical paths of electromagnetic waves through
said medium and associated with at least one of said at least
one wave source, at least one wave detector, and medium, L
is a parameter accounting for a distance between said at least
one wave source and said at least one wave detector, 0 is one
of a proportionality constant and a parameter associated with
at least one of said at least one wave source, at least one
wave detector, and medium, €; is a parameter accounting for
an optical interaction between electromagnetic waves and an
i-th chromophore in said medium, C; is a variable denoting
concentration of said i-th chromophore, and o is one of a
proportionality constant and a parameter associated with at
least one of said at least one wave source, at least one wave
detector, and medium.

33. A method of solving a set of wave equations applied
to an optical system having at least one wave source and at
least one wave detector wherein electromagnetic waves are
irradiated by said wave source, transmitted through a physi-
ological medium including at least one chromophore, and
detected by said wave detector, said wave equation having
a form:

Imn=am|3nylo,m exp{-8,,L,.,9%,(eC)+o},

wherein I, ,, is a variable representing an intensity of elec-
tromagnetic waves irradiated by an m-th wave source, I, is
a variable for an intensity of electromagnetic waves irradi-
ated by said m-th wave source and detected by an n-th wave
detector, a,,, is a parameter associated with at least one of
said m-th wave source and medium, {3, is a parameter
associated with at least one of said n-th wave detector and
medium, y is one of a proportionality constant and a param-
eter associated with at least one of said m-th wave source,
n-th wave detector, and medium, B,,, is a parameter
accounting for lengths of optical paths of electromagnetic
waves through said medium and associated with at least one
of said m-th wave source, n-th wave detector, and medium,
L,,, is a parameter accounting for a distance between said
m-th wave source and n-th wave detector, d is one of a
proportionality constant and a parameter associated with at
least one of said m-th wave source, n-th wave detector, and
medium, €, is a parameter accounting for an optical inter-
action between electromagnetic waves and an i-th chro-
mophore in said medium, C, is a variable for concentration
of said i-th chromophore, and o is one of a proportionality
constant and a parameter associated with at least one of said
m-th wave source, n-th wave detector, and medium, said
method comprising the steps of:
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obtaining a first and a second set of equations by applying
said wave equation to said optical system capable of
irradiating a first and second set of electromagnetic
waves having different wave characteristics, respec-
tively;

eliminating at least one of «,,, f3,, v, 8, and o from said
first and second set of equations by performing math-
ematical operations thereon to obtain a third set of
equations;

providing at least one correlation of at least one of said
concentrations and said ratios thereof with at least one
term of said third set of equations including at least one
of B, and L, ;

incorporating said correlation into said third set of equa-
tions to eliminate said term therefrom; and

obtaining an expression for an absolute value of at least
one of said concentrations and said ratios thereof based
on said I,,,, I,,,, and €;.

34. Amethod of claim 33 further comprising the steps of:

applying said optical system to said physiological
medium including cells of at least one of organs,
tissues, and body fluids; and

measuring said absolute value of at least one of said
concentrations and said ratios thereof based on said I
L,,.. and €,.

35. A method of claim 34, wherein said measuring step

comprises the step of:

monitoring at least one of oxygenated hemoglobin
concentration, deoxygenated hemoglobin
concentration, and a ratio thereof.

36. A method of claim 35 further comprising the step of:

determining a presence of tumor cells over a finite area of
said medium.
37. A method of claim 35 further comprising the step of:

determining a presence of an ischemic condition over a
finite area of said medium.

38. Amethod of claim 33 further comprising the steps of:

applying said optical system to said physiological
medium including transplanted cells of at least one of
organs and tissues; and

measuring said absolute value of at least one of said
concentrations and said ratios thereof based on said ,,,,,,
L,,., and €,
39. A method of claim 38 further comprising the step of:
determining a presence of an ischemic condition over a
finite area of said medium.
40. A method of claim 33, wherein said eliminating step
comprises the step of:
approximating said parameters g and d as a unity.
41. A method of claim 33, wherein said obtaining step
comprises the step of:
irradiating said first and second set of electromagnetic
waves having at least one of different wavelengths,
phase angles, amplitudes, harmonics, and a combina-
tion thereof.
42. A method according to claim 41, wherein said irra-
diating step comprises the steps of:
providing said first set of electromagnetic waves with a
first wavelength; and
providing said second set of electromagnetic waves with
a second wavelength which is different from said first
wavelength.
43. A method of claim 33, wherein said eliminating step
comprises the step of:

eiiead
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taking at least one first ratio of two wave equations both
selected from one of said first and second sets of wave
equations.
44. A method of claim 43, wherein said eliminating step
comprises the step of:

applying said wave equations to the same wave source but
to different wave detectors, thereby eliminating o, v,
and o from said first ratio.
45. A method of claim 43, wherein said eliminating step
comprises the step of:

applying said wave equations to two different wave
sources but to the same wave detector, thereby elimi-
nating f3,,, v, and o from said first ratio.
46. A method of claim 43, wherein said eliminating step
comprises the step of:

taking at least one second ratio of two wave equations
both selected from the other of said first and second sets
of wave equations.
47. A method of claim 46, wherein said eliminating step
comprises the step of:
obtaining at least one of a sum of and a difference between
said first and second ratios so as to eliminate at least
one of a,, and f3,, therefrom.
48. A method of claim 33, wherein said providing step
comprises the step of:

expressing a formula of said medium-dependent and said
geometry-dependent parameters as a polynomial of at
least one of said concentrations and said ratios thereof.
49. A method of claim 48, wherein said polynomial
includes a zero-th order term.
50. A method of claim 33, wherein said providing step
comprises the step of:

expressing a formula of said medium-dependent and said

geometry-dependent parameters as a constant.

51. A method of solving a set of wave equations applied
to an optical system having at least one wave source and at
least one wave detector wherein electromagnetic waves are
irradiated by said wave source, travel through a physiologi-
cal medium including at least one chromophore, and
detected by said wave detector, said wave equation having
a form:

L=, B, . exp{-8,,,L,.,9Z,(C)+0},

wherein I, ,, is a variable representing an intensity of elec-
tromagnetic waves irradiated by an m-th wave source, I, is
a variable for an intensity of electromagnetic waves irradi-
ated by said m-th wave source and detected by an n-th wave
detector, a,,, is a parameter associated with at least one of
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said m-th wave source and medium, {3, iS a parameter
associated with at least one of said n-th wave detector and
medium, v is one of a proportionality constant and a param-
eter associated with at least one of said m-th wave source,
n-th wave detector, and medium, B,,,, is a parameter
accounting for lengths of optical paths of electromagnetic
waves through said medium and associated with at least one
of said m-th wave source, n-th wave detector, and medium,
L, is a parameter accounting for a distance between said
m-th wave source and n-th wave detector, d is a one of a
proportionality constant and a parameter associated with at
least one of said m-th wave source, n-th wave detector, and
medium, €; is a parameter accounting for an optical inter-
action between electromagnetic waves and an i-th chro-
mophore in said medium, C; is a variable for concentration
of said i-th chromophore, and o is one of a proportionality
constant and a parameter associated with at least one of said
m-th source, n-th detector, and medium, said method com-
prising the steps of:
obtaining a first set of wave equations by applying said
wave equation to said optical system including at least
one of said wave source configured to irradiate elec-
tromagnetic waves having a first wave characteristics;
obtaining a second set of wave equations by applying said
wave equation to said optical system including at least
the other one of said wave source configured to irra-
diate electromagnetic waves having a second wave
characteristics;
eliminating at least one of o, 3,, v, 8, and o from said
first and second sets of wave equations so as to obtain
a third set of equations;
deriving at least one formula expressing said parameters
including B,,,, and L, as a function of at least one of
said concentrations and said ratio of concentrations;
and
incorporating said formula into said third set of equations
to eliminate B, and L, .
52. Amethod of claim 51 further comprising the steps of:
obtaining values of said intensities of electromagnetic
waves and said extinction coefficients of said chro-
mophores; and
incorporating said intensities of electromagnetic waves
and extinction coefficients into said third set of equa-
tions.
53. Amethod of claim 52 further comprising the steps of:
obtaining an expression for an absolute value of at least
one of said concentrations and said ratios thereof.
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